Willmore proved that the integral of the square of mean curvature H over a closed surface M2 in E3, fit1 HH V, is &4x, and equal to 4x when and only when M2 is a sphere in E3. In this paper we give some generalizations of Willmore's result.
f H2(p)dV ^ 4x,
M2
where the equality holds when and only when M2 is imbedded as a sphere. The main aim of this paper is to give some generalizations of the inequality (1).
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Preliminaries.
Let Mn be an «-dimensional oriented closed manifold with an immersion x: JIP1->£n+Jv. Let F(Mn) and F (En+N) be the bundles of oriented orthonormal frames of Mn and En+N respectively.
Let B be the set of elements b -(p,ei, ■ ■ ■ , en+N) such that (p, ei, ■ ■ ■ , en)EF (M») and (x(p), eh ■ ■ ■ , en+N)EF(E"+N) whose orientation is coherent with the one of En+N, identifying e¡ with dx(ei), i = \, ■ • ■ , n. Then B^M" may be considered as a prin-dx = ¿2 9AeA, deA = ¿2 OabCb, A B
(2) dB a = 12 9 b A Bba, dB ab = 22 Oac A 6CB, 8AB + BBA = 0, B C A,B,C, ■■■ = 1,2, ■■■ ,n + N.
where 6a, 6ab are differential 1-forms on F(En+N). Let coa, (¿ab be the induced 1-forms on B from 6A, Bab by the mapping x. Then we have (3) *'»/> k, ■ ■ ■ = 1, 2, ■ ■ ■ , n; r, s, t, ■ ■ ■ = n + 1, ■ ■ ■ , n + N.
From (2) we get
For any (p, er) EBV, we put We call this local cross section of P-*F(M2), the Frenet cross section in the sense of Ötsuki, and the frame (p, ex, e2, ë3, • • • , ê2+jv) the Ötsuki's frame [5] . We call the curvature Xa, the ath curvature of the second kind. With respect to this Ötsuki's frame the curvatures: 
where the equality holds when and only when M2 is imbedded as a sphere in a 3-dimensional linear subspace of E2+N.
Proof. Let (p, eu e2, es, ■ ■ ■ , ê2+N) be an Ötsuki's frame, then by (9) we know that the Lipschitz-Killing curvature K(p, e) satisfies
Thus by the Gauss-Bonnet formula, we have (16) and (17), we get
It is easy to see that the equality of (19) as a sphere in a 3-dimensional linear subspace of E2+N, then it is easy to see that the equality of (15) holds. This completes the proof of the theorem.
In the following, we assume that x'.M2m->E2m+1 is an immersion of an oriented even-dimensional closed manifold M2m into £2m+1. Let ê denote the outer normal vector on M2m in P2m+1. Set 
